


CONTENTS

Chapter I—Probability algebras

Definition and properties . . . . . . . . . . . . . ..
Probability subalgebras . . . . . . . . . . . . . ...
Isometric probability algebras. . . . . . . . . . . . ..
Examples . . . . . . . . . . . . 000
Separability relative to a probability . . . . . . . . . ..
Countably additive (¢-additive) probabilities . . . . . . .
Probability g-algebras . . . . . . . . . . . . ... ..
Quasi-probability algebras . . . . . . . . . . . ...

VRN P W=

Chapter II—Extension of probability algebras
1. The probability algebra as a metric space. . . . . . . . .

.....
.....

Probability spaces . . . . . . . . . . . .00 e e e e e e

2. Construction of a s-extension of a probability algebra . . . . . .
3. The linear Lebesgue probability o-algebra . . . . . . . . . . . . .

4. Classification of the p-separable probability o-algebras . . . .

Chapter III—Cartesian product of probability algebras
1. Cartesian product of Boolean alegbras . . . . . . . . . .
2. Product probability algebras . . . . . . . . . . . . ..
3. Classification of probability o-algebras. . . . . . . . . .
4. Representation of probability o-algebras by probability spaces

5. Independence in probability . . . . . . . . . . .. ...

Chapter IV—Stochastic spaces

. Experiments (trials) in probability algebras . . . . . . . .
. Elementary random variables (elementary stochastic space) .
. Convergence in stochastic spaces . . . . . . . . . . . .
. o-convergence in & with respect to a vector sublattice of & .
. Extension of the elementary stochastic space . . . . . . .
. Stochastic space of all bounded random variables . . . . .
. Convergence in probability and almost uniform convergence
. Generators of the stochasticspace. . . . . . . . . . . .
. Other convergences in the stochastic space . . . . . . . .
Closure operator in the stochasticspace . . . . . . . . .
. Series CONVErgence . . . - . « « « v o o« o o v o o -

O 00 9 N W A WN =

Dbk ek
N = O

ix

. Composition of random variables . . . . . . . . . . . ..

.....

PAGE

NN W W L e



X CONTENTS

Chapter V—Expectation of random variables

Expectation of elementary random variables . . . . . . . . . . . .
The space ., of all rv’s with expectation . . . . . . . . . . . ..
Signed measures . . . . . . . . .o o a e e e e e e e e
The Radon-Nikodym Theorem . . . . . . . . . . . . . . . . ..
.Remarks. . . . . . . L oL e e e e e e e e

DR W=

Chapter VI—Moments. Spaces &,
1. Powers of IV'S . . . .« . o . e e e e e e e e e e e
2. Moments of random variables . . . . . . . . . . . ..o L.
3. Thespaces £, . . . . . . . .« o oo Lo
4. Convergence in mean and equi-integrability. . . . . . . . . . . . .

Chapter VII—Generalized random variables

(Random variables having values in any space)
Preliminaries . . . . . . . o« e e e u e e e e e e e e e e

. Generalized elementary random variables . . . . . . . . . . . . .
. Completion with respect to o-convergence . . . . . . .« . . . . . .
. Completion with respect toanorm . . . . . . . . . . . . « . . .
Expectation of rv’s having values in a Banach space . . . . . . . . .
The spaces £, of rv’s having values in a Banach space. Moments. . .

N AW

Chapter VIII—Complements

1. The Radon-Nikodym theorem for the Bochner integral . . . . . . .
Conditional probability . . . . . . . . . . . .0
Conditional expectation . . . . . . . . . . . . . . oo
Distributions of random variables . . . . . . . . . . . . . o
Boolean homomorphisms of random variables . . . . . . . . . ..

nh W

Appendix I—Lattices

1. Partially ordered sets . . . . . . . . ... .00 oo
LattiCes . - v v v v e e e e e e e e e e e e e e e e e e e
. Booleanalgebras . . . . . . . . . .. ..o
. Homomorphisms and ideals of a Boolean algebra . . . . . . . . . .
Order CONVErZENCE . « .« « « v v v v o o o o e e e e e e
ClOSUTES « + « « v v e e e e e e e e e e e e e e e e

AW

Appendix II—Lattice groups, vector lattices
1. Lattice BroUPS - « « « v v v 0 e e e e e e e e e e e
2. Vector lattices or linear lattice spaces . . . . . . . . . .« . . . . .

Bibliographical Notes « - -« -« « v o v oo
Bibliography . - -« o o o e e e e
List of Symbols - « « « o v v o

TNAEX - - o o e e e e e e e e






	page1
	page2
	page3
	page4

